Coupled-channel final-state-interaction effects for D and B weak decays into ππ and KK are discussed in a Regge framework. It is found that the inclusion of coupled-channel effects significantly affects the results obtained previously in a quasi-elastic approximation. It is also shown that in the isospin I = 0 channel the inelastic final-state transitions (ππ) I=0 → (KK) I=0 dramatically influence the phase of the B 0 → (KK) I=0 amplitude.
Gathering data on CP-violation through detailed studies of nonleptonic decays of B mesons becomes one of the principal goals in our attempt to unravel the mystery of CP-violation. It is generally hoped that experimental results on nonleptonic B decays will provide information that will allow us to decide whether the standard model is correct or not. Unfortunately, extracting fundamental CP-violating parameters of the standard model from various B decay modes is not trivial at all. One of the main problems encountered is a reliable estimate of hadronic effects in the final state. Although such final-stateinteraction (FSI) effects are often considered to be of no particular importance by themselves, their determination is crucial for the success of the whole project of extraction of fundamental CP-violating parameters.
In recent years several authors have stressed the importance of FSI in B decays [1] - [5] . Although there is a growing understanding that FSI must be taken into account, there are severe problems with their reliable treatment. Various approaches have been considered [6] - [8] . Usually only some intermediate states,
believed to provide the largest effects, are taken into account. A Regge-modelbased approach is often used here to estimate high-energy interactions between decay products. Recently, a simple model of this type has been applied to the description of strong phases in D(B) → Kπ and D(B) → ππ, KK decays [9, 10, 11] .
The model of refs. [9, 10, 11] is based on a quasi-elastic approximation. This approximation considers rescatterings of the type: Kπ → Kπ, ππ → ππ, KK → KK. All other possible final-state interactions are ignored. The model yields strong-interaction phases which compare favourably with the numbers extracted (with the help of some simplifying assumptions) from the existing experimental data at D mass [12] , and predicts these phases at B mass. When assessing the reliability of these predictions, one may of course question the assumption of restricting the intermediate states to those composed of two pseudoscalar mesons only. However, even when one accepts that the contribution from these states dominates, or that the contribution from other states simply follows the pattern of the P P contribution (P denotes a pseudoscalar meson), the question still remains whether the inelastic FSIs, ignored in [10, 11] , modify their predictions in an essential way. Inelastic FSI means here the coupled-channel effects of the type ππ → KK or Kπ → Kη. Inclusion of such processes has been shown to be very important if a fully SU(3)-symmetric FSI-including effective-quark-diagram description of weak nonleptonic decays is to be achieved [4] (see also ref. [8] ). In this paper we analyse in some detail the influence of coupled-channel effects on the predictions of the quasi-elastic Regge approach of ref. [10, 11] . In papers [10, 11] SU(3) symmetry was broken.
Since our whole coupled-channel approach is calculationally simple only when SU(3) symmetry is unbroken, we will keep SU(3) symmetry throughout this paper. We will show, however, that in the no-coupled-channels case the original and SU(3)-symmetric versions of the model of ref. [11] do not differ much in their predictions. We will restrict ourselves to the noncharmed, nonstrange sector of two-meson interactions, i.e. to the analysis of coupled-channel effects in the ππ, KK, π 0 η 8 and η 8 η 8 channels. The latter two channels are included both because they are needed to maintain SU(3) symmetry of the analysis, and because the effects of these channels should be comparable to that of the KK channel (the mass of η ≈ η 8 is close to that of the kaon).
Calculations within the Regge approach of refs. [10, 11] For Cabibbo-suppressed D 0 decays there are six final PP states of interest to us. In the basis of definite isospin these symmetrized two-boson states are:
where the subscript in |() I denotes isospin I of the state. In terms of quark diagram amplitudes, the decays of D 0 to these states are given by
where quark amplitudes are denoted by a (tree-level), b (colour-suppressed), c (W-exchange), e ("horizontal" penguin), f (Zweig-rule violating "vertical" penguin) [13] .
For B 0 decays, we have analogously
with amplitudes a (tree), b (colour-suppressed), c (W -exchange), etc. different from those in D decays.
In Eq. (2) we assumed SU(3) symmetry in weak decays, i.e. equal amplitudes for the production of strange (ss) and nonstrange quark pairs. Below we will estimate Pomeron and non-leading Reggeon contributions both without and with coupled-channel effects.
There are three separate non-communicating sectors of different isospin In the I=2 sector one obtains (the second equality essentially defines our normalization convention)
i.e. there is only a contribution from the crossed diagram of Fig.1b .
In the I=1 sector there are two states (KK) 1 and (π 0 η 8 ) 1 , and, consequently,
we have coupled-channel effects described together with quasi-elastic effects by two 2x2 matrices. For the uncrossed exchanges we have the matrix
while for the crossed exchanges we have
The states in the rows and columns are (from top to bottom and from left to right): i, j = (KK) 1 and (π 0 η 8 ) 1 . The parameter ǫ is introduced for completeness and clarification: entries proportional to ǫ or ǫ 2 arise from the propagation of one or two strange (anti)quarks in the t-channel. For our SU(3)-symmetric discussion of coupled-channel effects we shall later take ǫ = 1.
In the I=0 sector the resulting 3x3 matrix for uncrossed exchanges is:
with the rows and columns corresponding to the states (ππ) 0 , (KK) 0 , and (η 8 η 8 ) 0 (from top to bottom and from left to right).
The relevant A((P P ) I ) amplitudes are obtained by multiplying the entries of Eqs. (4) (5) (6) (7) (8) by an appropriate Regge phase and by a factor Rs α R (t) , where R is the Regge residue fitted from experiment:
with g 2 (ω, pp) extracted from ref. [14] . The residues of ρ, ω etc. Reggeons obtained in this way from Eqs.(4-8) satisfy the condition of SU(3) symmetry. It is known that this is a good assumption. For the trajectories themselves SU (3) is not such a good approximation. Nonetheless, we will accept it when estimating coupled-channel effects since it dramatically simplifies the discussion.
Calculations of refs. [11] correspond to considering only diagonal entries in the matrices of Eqs. (5) (6) (7) (8) and then putting ǫ = 0. When one takes into account the Pomeron contribution as well, the complete amplitudes without the coupled-channel effects are given (as in [11] ) by:
For D or B decays one needs the projection of Regge amplitudes on the s-channel l = 0 partial wave. This amounts to integrating Regge amplitudes over t from t = 0 to −s. With good accuracy, the Pomeron contribution is then proportional to β P (ππ)/(2b π P ) for (ππ) 0,2 channels and β P (KK)/(2b K P ) for (KK) 0,1 channels. Comparison with [10, 11] yields:
where the two entries in between the three equality signs relate our parameters to the corresponding parameters of ref. [11] . We conclude therefore that it should be reasonable to use SU(3) symmetry for the Pomeron contribution as well.
Using β P (ππ) 2b
the calculations of the s-channel l = 0 partial waves a((P P ) I ) give (as in [11] )
In ref. 
Let us now discuss the coupled-channel effects. We will assume from now on that ǫ = 1. In a sector of given isospin I, the matrices U I and C I commute.
Consequently, we may diagonalize them simultaneously.
In the I = 0 sector the eigenvectors of U 0 and C 0 are
with eigenvectors labelled by the relevant SU (3) representation.
In the I = 1 sector the eigenvectors of U 1 and C 1 are
In the I = 2 sector there is only one state, the |27, 2 = |(ππ) 2 .
The eigenvalues corresponding to these eigenvectors are
Amplitudes a(27, I) in the I = 0, 1, 2 sectors are all equal. Similarly, amplitudes a(8, I) in I = 0, 1 sectors are equal. Thus, one obtains the following three different FSI amplitudes
The amplitude a(27) must be of course equal to a((ππ) 2 ) in Eq. (13) Due to coupled-channel effects, the observed FSI-corrected weak decay amplitudes (ππ) 0 |W |D 0 , (KK) 0 |W |D 0 , and (η 8 η 8 ) 0 |W |D 0 become linear combinations of appropriate short-distance quark-level amplitudes in Eq. (2), i.e.:
with (P P ) I |R, I given in Eqs. (14, 15) , R, I|S F SI |R, I describing SU(3)-symmetric final state interactions in the |R, I state, and R, I|w|D 0 determined from Eqs. (2,14,15 ).
In line with the spirit of ref. [11] and as a simple example we assume now that the FSI-corrected weak decay amplitudes R, thus neglecting the contribution from diagrams c, e, and f . Below we shall discuss two most often considered cases: 1) "bare" quark-level relation a = 3b
and 2) QCD-corrected relation a = 3rb with r ≈ −1.8 [13, 15, 16] . Then, all amplitudes are given in terms of a single parameter a, the size of which is irrelevant when determining phase shifts. We see from Table 1 that the SU(3)-symmetric treatment of coupled-channel effects leads to vanishing δ
phase-shift difference. This is in fact true for any a, b, c, provided e and f vanish (see also ref. [4] ). Comparing appropriate columns in Table 1 we see that the inclusion of coupled-channel effects dramatically changes hadronic phaseshift differences in the considered model:
One may ask if similar strong dependence on coupled-channel effects could occur in B-decays. For the sake of comparison, we need the phase shifts calculated without coupled-channel effects. These phase shifts are given on the left-hand side of Table 2.   TABLE 2 Comparison of calculated values of phase shifts for B decays phase no coupled channels coupled channels ref. [11] Eq. (13 In order to estimate how the considered coupled-channel effects affect phaseshift values given in the left-hand side of Table 2 , we must again make some assumptions about the relative size of short-distance amplitudes a, b, etc. at
One expects that the dominant contribution is provided by the a amplitude and that the amplitudes b and e constitute a 10-20% correction [17] .
Contributions from other amplitudes are expected to be much smaller [17] .
Using r = (c 1 + c 2 /3)/(3c 2 + c 1 ) ≈ −3, assuming e/a in the range of 0.04 − 0.20 (as estimated in [18] ), and neglecting other contributions in Eq.(3), we can estimate the FSI phases in B-decays. Using the procedure of Eq.(18) for B decays one then obtains the numbers given in the right-hand side of Table 2 .
We see from Table 2 that the phases in (ππ) I channels do not depend very strongly on the inclusion of coupled-channel effects. This is also the case for the (KK) 1 phase. In fact, the latter phase is always equal to δ(8) because the |27, 1 state is not produced in the weak B 0 decay (see Eqs.(3,15) ). However, the (KK) 0 phase changes dramatically when coupled-channel effects are included. Only for a, b ≪ e the phase change induced by coupled-channel effects is small. However, if e is small the relevant phase change is large. The origin of this effect can be understood from Eqs. (Table 2) . Thus, in spite of a relative weakness (as compared to elastic rescattering) of strangeness-exchanging Reggeon contribution (which induces (ππ) 0 → (KK) 0 ) at s = m 2 B , the generated FSI phase may be large.
The above mechanism of generating large FSI phases in B 0 → (KK) 0 decays must also work when the two simplifying assumptions of 1) SU(3) symmetry, and 2) no renormalization of amplitude magnitudes, are somewhat broken.
With SU(3) symmetry broken, one would expect results somewhere in between those on the left-and right-hand sides of Table 2 . In fact, the mechanism under discussion should be operative, provided there is a small FSI transition (ππ) 0 → (KK) 0 , since, as shown in Fig.1c , such a transition generates an effective large-distance penguin amplitude interfering with the original shortdistance penguin. Of course, intermediate states other than ππ may also contribute in a similar way to the final (KK) 0 state. Furthermore, the use of Regge amplitudes for l = 0 may be also questioned. All this cannot change, however, our general expectation that in explicit models for B 0 → (KK) 0 decays it is quite likely to obtain large long-distance-induced phases.
